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ABSTRACT: We report on X-ray scattering results on an oriented lamellar single crystal of a diblock
copolymer melt of poly(dimethylsiloxane)-b-poly(ethylene propylene). From the Bragg peak position, q0,
we calculate the temperature dependence of the lamellar period and show that it is in agreement with
the values obtained using literature values of the Flory-Huggins parameter, χ. We observe the predicted
diffuse scattering affecting the profile of the Bragg peak, which is related to the layer splay and
compressional elasticity. We show that extremely small misalignments of the lamellar planes prevent a
quantitative calculation of the layer compressibility modulus, B
h , and we explain this effect qualitatively
using the mosaicity theory.

I. Introduction
When a sample of a diblock copolymer melt is cooled
from a high-temperature disordered phase into a lowtemperature ordered phase, a polycrystalline material
is generally formed, consisting of grains of ordered
material that are themselves randomly oriented. Orientation of such a sample is then usually achieved by
shearing it under appropriate conditions.1,2 As reported
in a previous article, we have succeeded in preparing a
macroscopically oriented single crystal of an ordered
lamellar diblock copolymer melt good enough for dynamic light scattering experiments.3 We have thus been
able to measure relaxation times of the scattered light
as well as their distributions for different orientations
of the optical axis of the single crystal with respect to
the scattering vector. We have established experimentally the existence of the undulation mode of the
lamellar structure, predicted by theory,4,5 and measured
the temperature dependence of its frequency Γu as the
ODT transition is approached. The frequency of the
undulation mode is given3,4 in terms of the splay elastic
constant of the lamellar structure, K, by

Γu )

K 2
q
η

(1)

when the scattering wave vector q is parallel to the
lamellar layers. The temperature dependence of the
splay elastic modulus K has thus been determined using
known values3,6 of the viscosity η.

The same oriented block copolymer samples can be
used in SAXS experiments. If the X-ray beam is sent
parallel to the lamellar layers, a classical 1D Bragg
diffraction pattern will appear along the stacking direction. The position q0 of the first-order maximum is given
by

q0 )

2π
d

(2)

with d the spacing of the lamellar structure.
In the purely geometric description of the structure
as an ideal 1D periodic stack of identical layers, the
profile of the Bragg peak is a δ-function smeared by the
instrumental resolution. The validity of the geometrical
description is limited, however, owing to the prevalence
of thermally induced fluctuations. In particular, the
undulation mode, discussed above in the dynamic light
scattering context, corresponds to fluctuations in the
shape of the layers with wave vectors parallel to the
layers, whereas the second soundswith wave vectors
oblique with respect to the layer planesis associated
with fluctuations in the lamellar spacing.4 A remarkable
aspect of these fluctuations is their ability to change not
only the heights of the Bragg peaks but also their
profiles: it has been shown7,8 indeed that the Bragg
peaks are spread, in a way which is related to the splay
elastic modulus K, as well as to the layer compressibility
B
h of the lamellar structure. It has thus proven possible9-13 to determine K and B
h from careful measure-
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ments of the profile of the Bragg peaks, i.e., from purely
static experiments.
In this contribution we report on synchrotron X-ray
scattering measurements performed on an oriented
sample of a diblock copolymer melt. We study the profile
of the first-order Bragg diffraction peak, and we discuss
the possibilities of extracting B
h from our results.

has been first calculated by Caillé.7 Its asymptotic
behavior in directions parallel (z) or perpendicular (⊥)
to the layer normal is given by simple power laws:

S(0,0,qz) ∝

1
|qz - qm|2-ηm

S(q⊥,0,qm) ≡ S(0,q⊥,qm) ∝

II. Theory
The background of our analysis refers to the theory
of Amundson and Helfand describing5 the mechanical
properties of lamellar block copolymers. The ordering
is considered in the weak segregation limit, with the
dimensionless order parametersthe local volume fraction of one component minus its spatially averaged
valuestaken as a simple sinusoid ψ ) 2A cos(q0z) of
amplitude A and wave vector q0 for the undistorted
state. The order parameter becomes

ψ ) 2A cos[q0(z - u)]

(3)

in a distorted state characterized by a layer displacement field u in the z direction normal to the layers.14
The lamellar structure of a diblock copolymer melt is
thus described as analogous to the smectic A phase of
thermotropic liquid crystals for which the Landau-de
Gennes elastic free energy density is4 in the harmonic
regime
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(4)

From an expansion to the first relevant order of the free
energy difference between a distorted state and the
reference one, expressions are obtained5 for the two
elastic constants B
h (layer compressibility) and K (splay
elastic modulus):

B
h ) 55.151FckTA2

(5)

K ) 3.6426FckTRg2A2

(6)

with Fc the number density of the polymer chains and
Rg the radius of gyration. T is the absolute temperature
and k the Boltzmann constant. Note that using the
theoretical relation5 between the radius of gyration and
the characteristic wave vector Rg = 1.946/q0, the two
above equations actually lead to

B
h ) 4q02K

(7)

Since the degree of segregation between the two
blockssas measured by the amplitude A of the order
parameter below the ODTsdecreases, approximately
linearly, with increasing temperature and discontinuously jumps5 to zero at the metastability limit of the
ordered phase, the elastic moduli should also decrease
while approaching the ODT. Large, thermally induced
distortions of the lamellar stack are therefore to be
expected close to the transition. Peierls15 and Landau16
were the first to analyze the anomalous fluctuation
properties of a 1D harmonic solid in 3D space, and it
was recognized by de Gennes4 that the smectic free
energy, eq 4, somewhat analogous to that of the onedimensional elastic solid, also leads to an anomalous
fluctuation spectrum. The structure factor S(q) theoretically expected for an ideal and infinite smectic A system

(8)
1

q⊥

4-2ηm

(9)

where qm ≡ mq0 is the position of the mth harmonic of
the structure factor, and ηm ≡ m2η is a power law
exponent related to the elastic constants K and B
h:

η ) q02

kT
8πxB
hK

(10)

The intensity of X-ray scattered by a smectic A sample
is strictly proportional to the Caillé structure factor
when the scattering electrons are located within infinitely thin surfaces. This is no longer the case in the
weak segregation limit described by eq 3, since only the
first-order harmonic m ) 1 appears in the scattered
intensity. Equations 8 and 9, however, still give the
correct asymptotic behavior of the scattered intensity
near the first-order Bragg peak.17 With known values
of the splay modulus K from dynamic light scattering,
it should thus be possible to determine the layer
compressibility B
h by measuring the Caillé exponent η
and therefore to check the validity of the theoretical
prediction5 B
h ) 4q02K (eq 7).
III. Experiment
Sample Preparation. The diblock copolymer used for this
work was poly(dimethylsiloxane)-block-poly(ethylene-co-propylene) (PDMS-PEP), synthesized by anionic polymerization,
as described elsewhere.6 The molar mass of the polymer is Mn
) 6300 g/mol, and the fraction of PEP monomers is fA ) 0.48.
This copolymer has an ODT transition6 at TODT ) 64 °C.
The essential condition for experimental studies of lamellar
block copolymers along the lines introduced above is the
preparation of a sufficiently large “single crystal” of the ordered
block copolymer, free of any defects. Normally, when cooling
a block copolymer material from its high-temperature disordered phase into the low-temperature ordered lamellar phase,
a “polycrystalline” structure is obtained: the copolymer is
arranged in individual grains, each having a typical size of
1-3 µm, depending on the rate of cooling.18 Each grain has
an inner lamellar structure; thus, it is a small uniaxial single
crystal, but mutual orientation of the grains is random with
lots of defects at the boundaries of the grains.
The single crystal needed for the present work was prepared
in a flat capillary of cross section 1 mm × 100 µm (VitroCom,
New Jersey). Capillary forces were used to introduce the
polymer at a temperature well above the ODT, and the
capillary was then sealed. The capillary was placed on the
heating stage of an optical microscope. Orientation of the
copolymer in a single crystal was achieved by repeated heating
and cooling cycles with a rate of 0.01 °C/min in a temperature
interval of about 1 °C around the ODT, observing the quality
of orientation by polarized microscopy. Once the orientation
was achieved, the capillary was slowly cooled to room temperature with a rate of 0.1 °C/min. In such a macroscopically
oriented state, the layers are parallel to the flat surfaces of
the capillary (homeotropic orientation).
Small-Angle X-ray Scattering. A series of small-angle
X-ray scattering (SAXS) experiments were performed on the
High Brilliance beam line ID219 at the ESRF (Grenoble,
France). The SAXS setup is based on a pinhole camera with a
beam stop placed in front of a two-dimensional detector (image
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Figure 1. Dependence of the scattered intensity I(q) (in
logarithmic scale) on the scattering vector q in the horizontal
plane for the PDMS-PEP-6 diblock copolymer at a temperature of 58 °C. The location of the first-order Bragg peak is very
precisely defined to be q0 ) 0.5479 ( 0.0001 nm-1.
plate or X-ray image intensifier coupled to a CCD camera).
The X-ray scattering patterns were recorded on the detector
that was most of the time located at 6 m from the sample,
using a monochromatic incident X-ray beam (wavelength λ )
0.1 nm). The available wave vector range was 0.17-0.91 nm-1.
The long axis of the capillary was vertical, and a rotating stage
allowed setting the flat surfaces of the capillary either parallel
to the incident horizontal beam (planar configuration) or
perpendicular to it (homeotropic configuration). The shape of
the beam incident on the capillary is fixed by rectangular slits,
with slit apertures 200 µm vertically and 15 µm horizontally.

IV. Results and Discussion
In the planar configuration, the scattering patterns
obtained at temperatures below ODT show two firstorder Bragg peaks located symmetrically at (q0 in the
horizontal plane and negligible scattering outside this
plane. Figure 1 shows a typical dependence of the
scattered intensity I(q) on the wave vector q in the
neighborhood of q0 obtained as a cut of the twodimensional scattering pattern along the horizontal
axis. In the same plane, extremely weak second-order
peaks located at (2q0 can be observed at room temperature, changing specially for that purpose the sampleto-detector distance to 4 m. As the intensity ratio
between the second- and first-order peaks is typically
2.5 × 10-4, a beamstop was introduced to hide the firstorder peak and obtain a sufficient dynamic range
without saturating the detector; cf. the example displayed in Figure 2. Only background scattering was
observed when the sample was rotated in the homeotropic configuration. These features confirm that the
block copolymer melt is indeed in a one-dimensionally
ordered, lamellar phase. The weakness of the secondorder maximum may be taken as an indication that the
sinusoidal composition profile of the weak segregation
limit theory20 (WSL) is a good approximation of the
structuresharmonic profiles do not yield any higher
order reflectionsseven though a nearly symmetric,
square-well electron density profile (appropriate in the
case of strong segregation) would also lead to a negligible
second-order intensity. We do not have data, unfortunately, in the wave vector range where the third order
peaksif anysshould be expected. We nevertheless
believe that the WSL is the relevant regime in our
system, since on the basis of the χ values estimated
below, the present experiments are performed in the
range χN ) 14-16.
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Figure 2. Comparison of first- and second-order peaks of the
scattered intensity I(q) for the same conditions as in Figure
1. A Gaussian fit gives q1 ≡ q0 ) 0.5479 nm-1 and q2 ) 1.0961
nm-1. For obtaining a sufficient dynamic range at the secondorder peak, a beamstop was introduced to hide the first-order
peak. In this configuration, the direct beam was outside the
detector. The inset shows details of the first-order peak; with
the high resolution available on the beamline ID2, the position
can be determined accurately to the fourth decimal place.

The temperature dependence of the lamellar spacing,
d, derived from the experimentally determined position
of the first-order Bragg peak, q0, is plotted in Figure 3.
The lamellar spacing d increases as temperature is
decreased deeper below ODT, which is presumably due
to increasing incompatibility of the two blocks. In the
strong segregation regime, the mean-field theory21
provides an explicit relation between d and the FloryHuggins interaction parameter of the blocks, χ:

dlamellar ) 1.10aN2/3χ1/6

(11)

with a segment length a and a number of segments N.
In the weak segregation regime, near the ODT, there
is also a way of relating the lamellar spacing d to χ. It
has been established22 that the same eq 11 provides a
reasonable and internally consistent estimate of χ for
the weak and intermediate segregation regimes: Matsen and Bates20 calculated d using self-consistent meanfield theory without the traditional approximations and
have found that the results differ from eq 11 by only
about 20% when χN ) 10 and by 5% when χN ) 40.
The temperature dependence of χ for this polymer, χ )
A/T + B (with A ) 64 and B ) -0.03), was determined23
by comparing ODT temperatures of copolymers with
different molecular weights. Using eq 11, we can then
calculate the expected temperature dependence of lamellar spacing d. We obtain d ) 11.66 nm at 25 °C and d
) 11.43 nm at 60 °C. These values are in good agreement with the data shown in Figure 3, the difference
being less than 3%. For this calculation, we have
chosen23 N ) 106 and used temperature-dependent
values of a. Returning to Figure 3, we observe that there
is a small increase or at least leveling of the lamellar
period in the immediate vicinity of the ODT. It is
associated with a sharp decrease in peak intensity, as
shown in the inset of Figure 3. Although this increase
is only about 0.2%, it seems to be quite systematic in a
narrow temperature region (∼1 °C) just below ODT. We
have no exhaustive explanation for these features at the
present time, but they might be related to a rearrangement of chain conformations just before melting, simi-
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Figure 3. Temperature dependence of the lamellar spacing
dsas calculated from eq 2sand of the intensity at the Bragg
peak (inset).

Figure 5. (a) Temperature dependence of the experimentally
determined Caillé exponent E. (b) Calculated values of the
Caillé exponent ηcalc using eq 12.

Figure 4. Normalized intensity profile of the Bragg peak,
close to qz ) q0 in logarithmic coordinates. The symbol (b)
corresponds to a temperature of 30 °C and the symbol (O) to
57 °C. Because of the logarithmic scale, 10 data points have
been averaged for q - q0 > 0.01 nm-1. The dashed line is a
Gaussian fit to the Bragg peak in the region where the
intensity exceeds 1% of its peak value. The full lines are linear
fits for q - q0 > 0.005.

larly to what is occasionally observed24 in the vicinity
of the crystallization temperature.
The profile of the first-order Bragg peak in the
horizontal plane, for q > q0, is shown in Figure 4 at two
different temperatures. The expected diffuse scattering
is clearly observed as a marked deviation of the peak
profile from the Gaussian form. The intensity of the
diffuse scattering is very weak, of the order of 10-3 of
the peak intensity or less, but its value is significantly
above the background level. The diffuse scattering
increases relative to the peak intensity as the temperature gets closer to the ODT temperature. There is a
substantial scatter in the data at larger values of q q0; nevertheless, it was possible at all temperatures to
fit a straight line (i.e., a power law decay) into the
asymptotic parts of the curves. Considering the simple
scheme presented in section II, cf. in particular eq 8,
the slope of this line defines an exponent written as 2
- E. The exponent E is plotted as a function of
temperature in Figure 5a. Despite some scatter in the
data due to the rather small intensity of the diffuse
scattering, we observe a clear increase of E with
increasing temperature.
Using eq 7 and known values of K, it should be
possible to extract B
h from the experimentally determined values for E, with the identification E ≡ η. This

Figure 6. Diffraction spot of the first-order Bragg peak
obtained at T ) 30 °C. The intensity is represented on a
logarithmic scale.

procedure, however, leads to “unreasonably” small
values of B
h . To understand this problem, we calculate
the expected values of the Caillé exponent ηcalc, using
eq 10 into which we insert values of q0 obtained from
the lamellar distance d (Figure 3) and values of K
measured by dynamic light scattering (Figure 5 in ref
3). We also make use of the theoretical relation B
h )
4q02K (cf. eq 7, section II), assuming it to be correct in
order to recast eq 10 into the convenient form:

ηcalc )

q0kT
16πK

(12)

In Figure 5b we plot the values of ηcalc obtained in this
way. The experimental values of E shown in Figure 5a
are about an order of magnitude larger than the values
predicted by eq 12. In the following we explain that this
discrepancy between E and ηcalc probably results from
small remaining imperfections in the alignment of the
single crystal.
The 2-dimensional image of the first-order Bragg peak
in the plane of the detector is displayed in Figure 6 with
logarithmic intensity units. The transverse scan of the
Bragg spot displayed in Figure 7, rather close to a
Lorentzian line shape, indicates that the relatively
important extension of the Bragg peak in the q⊥ direction is more likely due to tiny imperfections in the
crystal alignment than to the true Caillé diffuse scattering. These imperfections are schematically repre-
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along the nominal qz direction is given by26

Smosaic(0,0,qz) ∝

Figure 7. Scan of the Bragg spot in the q⊥ direction. The
dashed line corresponds to a Gaussian fit; the line shape is
much better described by a Lorentzian law (full line).

1
|qz - qm|Mm

(14)

with a well-defined “mosaic” exponent Mm equal to 1 ηm for qz , qc and equal to 2 - ηm in the opposite limit;
the singularity is no longer a power law in the intermediate range. The crossover wave vector qc varies
quadratically with the mosaicity angle. In our experiment, unfortunately, the mosaicity26 cannot be described
as Gaussian (see Figure 7), and we have no definite way
to model the shape of the Bragg singularity. On a
qualitative basis, the observed apparent exponent Mm
will be intermediate between the two extreme values 1
- ηm and 2 - ηm. This explanation of the discrepancy
between E and ηcalc shows how delicate is the description
of order in soft materials. The main finding of this
worksthe description of the diffuse scattering near the
first-order Bragg peak in a lamellar block copolymers
remains however unaffected by the unfortunate difficulty of a quantitative calculation of the Caillé exponent.
V. Conclusions

Figure 8. Schematic representation of the postulated misalignment of the lamellar planes.

sented in Figure 8. We define the angle δ as the angle
in the vertical plane between the local normal to the
layers with the nominal qz direction. In a polarizing
microscopy observation, the texture described in Figure
8, reminiscent of the texture resulting from the wellknown undulation instability of smectic A liquid crystals,4 looks probably hardly different from the perfectly
aligned state for small distortion angles δ. It cannot be
resolved either with our X-ray experiment, except in the
special case where the undulation instability is deliberately induced by a thermal shock applied to the
sample. In this latter case, transitory lattices of parabolic focal conics (PFC) appear25 in the sample, leading
to a significant splitting of the Bragg peak into two spots
slightly above and below the nominal qz axis. For
thermally relaxed samples, the misalignment thus
remains very weak. We estimate it from the extent of
scattering along the q⊥ direction in Figure 6. Ignoring
for this purpose any diffuse scattering, we find that the
point where the intensity has decreased to I ) Imax/e
corresponds to δ ) 1°, while I decreases to Imax/1000 for
δ ) 6.2°. These values do not change when varying the
temperature, once the sample is thermally relaxed.
The impact of structural imperfections on diffuse
X-ray scattering in smectic liquid crystals has been
theoretically studied in ref 26. It is shown that, in the
particular case of randomly oriented domains, eqs 8 and
9 are both replaced by a unique equation

Srandom(q) ∝

1
|q - qm|1-ηm

(13)

with a much weaker power-law singularity in eq 13 than
in its anisotropic counterparts. For an oriented lamellar
structure with a small mosaicity described as a Gaussian distribution of orientations, the structure factor

Small-angle X-ray scattering experiments have been
performed on an oriented sample of the lamellar phase
of a diblock copolymer as a function of the temperature.
Except very close to the ODT, the small but significant
variation of the smectic period is in a quantitative
agreement with the temperature dependence of the
Flory-Huggins interaction parameter χ obtained earlier. We have also been able to observe qualitatively the
predicted broadening of the Bragg peak in the form of
a Caillé wing, which is related to the layer splay and
compressibility moduli of the lamellar structure. As
temperature of the system is increased toward the ODT,
the amplitude of the Caillé wing increases, indicating
a decrease in the elastic moduli. A discrepancy was
found between the calculated and observed values of the
Caillé exponent that prevented a quantitative calculation of the layer compressibility modulus B
h . We have
shown that this effect could be explained by small
imperfections in the alignment of the smectic planes,
the consequences of which have been predicted theoretically and are in reasonable agreement with our findings.
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Štěpánek et al.

(8) Gunther, L.; Imry, Y.; Lajzerowicz, J. Phys. Rev. B 1980, 22,
1733.
(9) Als-Nielsen, J.; Litster, J. D.; Birgenau, R. J.; Kaplan, M.;
Safinya, C. R.; Lindegaard-Andersen, A.; Mathiesen, S. Phys.
Rev. B 1980, 22, 312.
(10) Roux, D.; Safinya, C. R. J. Phys. (Paris) 1988, 49, 307.
(11) Nallet, F.; Laversanne, R.; Roux, D. J. Phys. II 1993, 3,
487.
(12) Oda, R.; Litster, J. D. J. Phys. II 1997, 7, 815.
(13) Bouglet, G.; Ligoure, C. Eur. Phys. J. E 1999, 4, 137.
(14) Note that this description incorporates via the layer displacement variable u the so-called statistical structure of interfaces,
as considered for example in Semenov, A. N. Macromolecules
1994, 27, 2732 for the simple case of an interface between
two immiscible polymers.
(15) Peierls, R. E. Helv. Phys. Acta 1974, 7 (Suppl. 11), 81.
(16) Landau, L. D. In Collected Papers; Ter Haar, D., Ed.; Gordon
and Breach: New York, 1965; p 209.

Macromolecules, Vol. 35, No. 19, 2002
(17) Nallet, F.; Roux, D.; Milner, S. T. J. Phys. (Paris) 1990, 51,
2333.
(18) Garetz, B. A.; Newstein, M. C.; Dai, H. J.; Jonnalagadda, S.
V.; Balsara, N. P. Macromolecules 1993, 26, 3151.
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